A. QUADRATIC TRIGONOMETRiCc SUMS

M G iven WASRIS T ond Ne N, J&Fvwz*\'«&..
quadzatic ‘\"olﬁcmom‘,’z;.c Sumn

5 (N):= 54;;. axp(wiam*) e

Nehiee Hat S (M=35.(N) amd
Saea (M) = S, (N)

Refenoncas E
Hordy - 1 owood (1314,,23), Won£(1814.,16), vom dee (1923),
Motlet (1926), FeisdBin - Jonkat- r.au.).i,. um%,zr“

Juekak -Vom Hovee (1381, 82, 83) , DekKking-Vemdi's Framen (19¢1)
Menmdin Framen (1983 84 ), Deshowillens (g 85), Beay-

(1388) , Moot - vam dar Yoctles (1329) , Gudsio.s -KararinePflisa , 98)
Monklf (1339) , Foreest (1936, 2000), Fadsto- kGpp (2008)

Tloamunio-Forme (2006 ), Favad (2c06) g -
“QMKOJL—Vo‘enﬁ (200%) il ; eu

“We considan e ellction of pomts S 3{5‘.&0}& k
GOAL : wnderestand He Grom SOy sl
 onttheatic proptetios of a .




N-) ;
5.(N)= Z‘_uf(vriamz) -

.S‘L(m-\)

a=0.718282, N = 50000

-50b

-150

m = o 5 ; 100




a =0.0993769

a ZO 6 rr;r ; - —
4r 4
2t ]
0
..2r .
- 0 2 4 6 8 o 5 W 15 2 B

‘ g
A o
L ) N ; E
30 ;‘,':/,‘F 3
R A
L =y /L . 1
/ .;‘ & &)
A/ =
N <l
| A
A
e 2) 74

r - @

l‘ )

10F R/ SV 22\ 4

&
)=
- 13 =,
4y
L \1‘ *‘%V A 5 R‘ P

0 10 20 30




00VIS =¥ ,0dTEe00.0 = 8

ob

T T T T T T T T T T T T T T T T T T

- 0&[ SRR OCI)I e OIE g 0 oc-
ociS =W  8dOVS00.0- = (S bom) s\I— = » "

|

I 30

;

|

;

|

|

[=]
~
I



The 3"""“*":"' s'twd’m qi' Jel O eomeq from
A Mba—h. Aaw‘da-&'%aa-f £ :Pu...u('iv\.

21=00993769, 0 sns26

a =0.0993769




| How‘\'“oo"‘ts:\ ﬁg&m%tuaoa@ 7 wd('wu, ?

D f(m,‘..ba.. Loeal distrate zodiceg of
ewrratune , i 2. He zaduo of Ha eccl
Possimg Ehasah bhe 3 ecompecuttue points

SNLM-') y ‘So.(”‘ )g S, (n+1) - .

plmy= %’ ese (m (Zz:Mu) l
' No?{;ea. trs lcsct)] 7-poredie

e
Vv i— é—‘csc ('rr_o. (id-n))
M _L % P‘“‘o&."' ,
- B

M .

Momm: \7&-—;]’(9) Aan
s Vackicol amgmplih of -1 (kez)
. 5+a..+io~\nﬂa ‘Faw&\\ of 3Kf‘ (‘kel).‘

P
l
20 2

-?




Approximate Rovarmolizabion Formele
Msu‘ma oo Toissom Stisovinitin qpewlm & Ehe
,A{-Q‘k‘w.u_a fﬁm M‘\ve\ol e ?06 _
e A S
S (N) ~ ° lo.\"S,,q (N) ,
vebulfe}, a=-L (med2) ,N,=| lefNJ .
Moz P’uc\'}&% , bue Kronse tla totimate (Ar¥.)

| S (N) - ¥t S, ()< €, IeiF+ €,
where G, G, ore mivtesal comshunts.
No‘he.,: {'/&:_A.R.F. A:OM\.:,?‘W » N.
fr lo] smatt , {S, ()] ; il
oppraxime lo.| N opivabs of Lunl O.
B; e A.Ri?éﬁe,(d}:l cam be erp-mmtd
by § a0, (vt sebing by foft amd
of el O fre TS (Y.L emansponds &




Wit wms mop 0] D
Tere }(r-2%) # deDing), kel

e s §fl+!}

1.0
0.8; ’ | W i F'xd Mt:

. (N Z kv, K
0.6+ i1 P g
0.4:- ‘
0.2_:—
0.0-.’/ ‘ ; -

B3 B(l) L 80 1

5@9 Bl»
T Aefbxm'\'i. ‘Ru-owﬂ iﬂi‘woﬁs ﬁv»&. LW

Il-—-

\.5.((50 -2 o("'.s (“l )\éC “""CL )
od,=1 (o), e 1(4), Ni=LaNJ.

J__——-———\___———--__—
Tterated ARF. |
d=el, IS ol, ety v .. el , -t,,-T"'(*-)

NzNo—sN =Ny = -.=3Nn, , Nl.q-t’l.“lNzJ

No2N 2 Nad.o o Ne s P QpzMlote).

"“'( )"5 00~ 5 gl ()




........
.........

——-].—->(-t.\] ) f:H "'-é--l'?-K-.

—7 Defire B(k,-0)= (zx{i"."]
| omd Bk, +)= (‘_H ]

Tor a=la|e (o) def
! () = sgm U@) ;




2. CoNTiNveED FRACTIONS WiTh Eved PARTIAL
g ~ ' oTiEnNT
QlGaa: (o‘,;lg . B(K.'g) y KRUOTi S

(<,3)€MNx 2}
AeB(k3) => T(a) - ;(-_-‘L-ZK).

Bropcly of T

T
o o€ (o,1]
1
d= '—-—\___
ZK| + —?L.\ i [[(Ku;l)l (kz, ;; )’{Kj' z}) “]]
2K, +3, i
: 2K+ 3> (ECF'EX”#UMON)

(K 1 &) Nx £4]1
T acts as o SRIFT over ﬂ.qu e

d=°¢.=[[(ku‘.);('=¢ a;;), o ]] .
=D dmg T (d. ) =H( rm-n s’m l)‘v (Km 3 3~wt)"]]

Reforantes : Schweiger (1942, ),
Kwkwr-a&?« (19%¢).

ot




T4 ECF- Cm\\nn.?nts are defined 2

~m ‘1 ' ‘
:"‘ 2K, 'i'( i - et GCD(B"‘QM\=|
2K+ ... +3,._.
2% ...t ;m-l
Zr..

amd  Hhey s&.‘.sﬂ;u* ReuRre (e RECATIONS:

, F"‘: 2K, Pm =t +3m_‘ Porea
ﬁm -kaq“"l + %M-l ﬂm-?_
w'Kﬁ-trol?ﬂ i." .
‘___’_______—-————___—__
D-ao\m\i !*-S swmilonties withh EBha GAUSS HﬁP
Ae map A>T () s INTERMITTENT
ia. d Sno Om M«L-f.(?mwl' fixed poumt

ot o=\,
I its behovior , e ma.,o'r i pmdan B

£l FAREY MAP,

m2 |

1L.OFT
o8t M

06f |

T(a) -

04}

02}

0.0k 5 SN i = < . e :
00 02 04 06 0.8 1.0 9 50 100 150

= n -




Tﬁ
-
with dncfin "tM| o &-fite 2 meagune
N - (:.v 4
L . :(-{T . "]' Its Mc"‘g_

?wP‘u{'tM u.f ?M .
- . 43[[&“;')'“(2';;);--)] -

‘_3 SR
) Poass G -
xu.) d-';: r"‘?mn‘(")m‘ﬁ;'
= = dm("\)ﬂtﬁ-i- JEe J
q__:' (|+ jro 4
Fnten ‘im-)

i [4-2
T
Am

QM 1"‘

v) (cl.,-d.. Lk )" | ‘
)= A (14 3.2, 3o
U !




RENEWAL-TYPE LiMiT THEOREM FoR 9.}

w
Fix L0 ad &-Cm'b%. wmewel time

m =m (d)= mum ImelN : ﬁq’ L} |

'D%o‘:v. .L} W -(Km,§m)eJ7_ Eha T, o-f‘l'—e\.,
& .n.wawSm ol.
'Fx Ni, Nz e, The hi’\o ﬁm,_ omd Fhe Mfﬂ»ﬁ-
wm + ) M.‘J M)_ ) 'eoﬂ.\l& GJOWt M'f‘m} '
Fubguvc’ra dstubutionn 04 L0 wr t

the Lebesyre measuze om (91]. »

In other words :

afbkb-e;ta R P"FN ak ™ ('J”)“_Q 2. é

Vo>,V d= (d),-u...e—n-m
LgL({d: Q< %.,_(b ( "+ J je- H-N- _})-—QP((Q Qx‘l)

(EYY
_____N
Foz ‘bew. mc‘. oc Mfc\s Mi L;

\\;‘:S G“:mr . Simal omd Ueuam (2ot )
Thaie prnd woss Hho mixicg propecty of
.Sw'\'e.L‘) defired $PC&G—€ -fe“" b
makwol Axtinsion of tha Gouno "‘“"‘P




